2ovOeto OENTA Version 10-9-2015)

X1. Adivetau tpiywvo ABI ka1 o wepryeypouuévos koxiog tov (O,R). A
Av BA kou T'E eivar dyn tov tprywvov ABI va amoodeilete ott OA L AE . \
(Oecrpnua Nagel).

b

Adon:
Apxkel va dei&ovpe 611 Al + El =90° .

I't awtd eépvovpe v OB, omdte 0md T0 1606KEAEG TPiy®mVO
AOB Bpiokovpe 2A1 +0=180° kot EMEON O=2I (agpob T
EYYEYPOLYUEVH KO 0 emikevIpn mov faivovy oo id10 16&0)
TO{PVOLLE:

2A,+20'=180° <= A, +1'=90° (1).

Ene1dn opog BEI = BAI" =90°, 1o tetpdmievpo BEAIL eivan
EYYPAYILO GE KUKAO, GTO 01010 M ]::1 etvan e€wtepikn yovia,
omoTE ]::1 =T (2).

A76 (1) kau (2) mpokdmrer 6Tt A, + B, =90°.

2° 1pdmog
dépvovpe v epamtopévn x'x oto A, omdte OA4 L x'x . Apkel
va amodeiovpe 01t AE//x'x.
[pdrypott xAB=T" 1) @ xAB eiva YOVIO YOPONS Kol
EQATTOUEVS KL )] r eyyeypouevn mwov Poivel aro t0lo TS Yopong)
Emedn opoc BEI = BAI" =90°, 1o tetpdmievpo BEAIL eivan

EYYPAYIIO GE KOKAO, 6T0 omoio 1 E, eivon emtepikny yovia,

onotE ]:Zl =T (2).

Ao (1) ko (2) mpokdmel OTL xAB = El .
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Christian Heinrich von Nagel
From Wikipedia, the free encyclopedia
Christian Heinrich von Nagel (28 February 1803 in Stuttgart, Germany — 27 October 1882 in Ulm,

Germany) was a German geometer.
After attending the gymnasium, Nagel went in 1817 to Evangelical Seminaries of Maulbronn and
Blaubeuren.
From 1821 to 1825, he took a four-year course of theology at the Tiibinger Stift.
Soon after his graduation, he became interested in mathematics. He became mathematics and science
teacher at the Lyceum and at the Secondary school in Tiibingen. Already in 1826, he earned doctorate at
the local Faculty of Philosophy on a theme De triangulis rectangulis ex algebraica aequatione
construendis (About right triangles construable from an algebraic equation).
Until 1830, he held post of a private lecturer in Tiibingen. In that year, he moved to Ulm where he had a
better-paid job as a teacher at the Gymnasium in Ulm. Later he was rector of the affiliated Realschule.
He was ennobled in 1875.
His best known results are from triangle geometry. One of the notable triangle points, Nagel point, is
named after him.
Works
o De triangulis rectangulis ex algebraica aequatione construendis (About right triangles
construable from an algebraic equation), 1826
o Untersuchungen iiber die wichtigsten zum Dreiecke gehohrigen Kreise. Eine Abhandlung aus dem
Gebiete der reinen Geometrie (Studies on the most important circles of the triangles. A treatise

from the field of pure geometry), Leipzig, 1836
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2. Aivetar pia yopon Bl evog kdxiov (O,R) kai 01 epomtoueves €1 kol €2 010, 0Kpo. THS. ATO Eva toyaio
onueio M ¢ BI” pépovue kdbetn otnv OM, mov téuver tig g1 kou &2 ota onueio. A kou E avtiotorya. No.
omooeicete ott AM = ME.

Avon:

O¢pvovpe ta Tunpata OA kot OE.

210 tpiywvo OAE 10 OM eivatl Hyog amd KaTaoKeLT], OTOTE Yo

va givar AM=ME npénet 10 1piyovo OAE va givol 1c06KeAES

ONAad”| Tpémet AI = I:Zl.

Eneion €1 epantopévn kot OB axtiva mov KataAnyel 6to
onueio emoPng £YOVLE: OBA =90°.
Eniong kot OMA =90°, ondte 10 tetpanievpo OBAM eivat
EYYPAWYILO KO ETOUEVOC AI = Bl (1)

Enedn €2 gpantopévn kot OI' axtiva mov KataAnyel 6to
onueio emoEng £YOVLE: OI'E = 90° (2).

Eniong kot OME =90°, ontdte 10 tetpdmievpo OBAM givar eyypayipo ko EmopEvmg ]:Z1 = fl .
AMG to 011 OB=0I" (¢ axtiveg ToV KOKAOV) cuvendyetot 0Tt To Tpiywvo OBI eivan 16ockeAEG omOTE
B =T, (3.

Ao (1) kou (2) pe v Ponbeta e (3) Bpiokovpe O6T1 Al = ]:31 mov givol To {nTovpevo.

2nueiwon. Eivai évo, omAo 0lAo. faciko oynuo to 0Tt 000 aKTIVES EVOS KDKAOD (mov dev Bpioroviar atnv idio
evbeia) OYNUATICODY 1600KEES TPIYWVO.2E O0TH TNV AOKNON ECOTVOL KUETOPEPELY TIS YPWVIES AVTES OE EVAL

aAlo tpiywvo wov mpopovag Ba eival Kol avTo 1600KEALG.
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2.3. Na amooeilete 0t1 01 TPOP0oLES KGOE TNUETOD TOD TEPLYEYPOLUEVOD KOKAOD TPIYDVOD TAV® OTIG TAEVPES
70V glval anueio. ovvevbeloxd, (cvbeio Simson).

Avon:

Eotw A, E, Z ot tpofolréc evog onpeiov M tov meptyeypapplévon
KOKAOL TOV TPIy®VOL v oTic mAevpég tov BIN, ATl', AB
avticTolya.

INao va dei&ovpe 6t ta A, E, Z givan suvevbelokd apkel va
deiEovpe OTL ZEM + MEA =180°.

Enedf MZA + MEA =90°+90° =180°, to MZAE givan
EYYPAYILO GE KUKAO, OTTOTE MEZ = MAZ (1).

Enionc ano MET = MAT =90°, nmpokvntel 6t1 10 MEAT glvai

EYYPAYILO GE KUKAO KOl ETOUEVOC:

MEA + MI'A =90°+90° =180° (2)
AAG ooy ABI'M eyyeypappévo Ba givon MAZ =MTIA (3)
Amo (1) ko (3) mpokdmTEL OTL MI'A = MEZ ondte aviikadiotavog oty (2) Bpickovpe Ot

MEA + MEZ =180° N ool onuaiver 0Tt ta onueia A, E, Z givar cuvevbeiokd.

2nueiwon 1 : To 2013, tyv wpa mov Ekovo. aoth v doknon oto B3 avapwthOnko. yiati dev Jéel 0t1 0pod
MIAE gyypoynuo 1oyder: MI'A=MEZ H andvinon givar 0Tt 6ev yvopilo 0t EZ npoéktaon g AE

(016 BEA® va amodei&m!) kKo emopévag dev Eépw 6T MEZ givon eEmtepikn| yovia Tov TETPATAELPOV.

2nueiwon 2: Evowapepov 1o Ot £xovpe 2 gyypaypa kot 1 eyyeypappévo.Av Exovpe cvvnbicet va
YAyVouuE eYYPAYILO iom¢ 0V «dovuen to gyyeypappévo! To Aoy eivar va Eekvape amd Tov KOKAO
OV EVOEYOUEVAS VILAPYEL GTO GYNLLA, VO EVTOTIGOVE EYYEYPUUUEVO KOl LETE VO YAEOVLE Yol

eyypayipa.

Robert Simson (14 October 1687 — 1 October 1768) was a Scottish mathematician
and professor of mathematics at the University of Glasgow.

The pedal line of a triangle is sometimes called the "Simson line" after him.[1]
Simson's contributions to mathematical knowledge took the form of critical

editions and commentaries on the works of the ancient geometers.

https://en.wikipedia.org/wiki/Robert Simson
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X 4. Aivetoa tpiywvo ABI kou n diyotouog tov AA. Av o1 mepryeypouuévor kdkior twv tpiyovwyv AAB kol
AAT Téuvooy tig whevpég Al kar AB ota onueio E kou Z ovtiotorya, va amodeiéete ott I'E = BZ.
Avon:

H yovia ZAT eivat EYYEYPOUULEVN GTOV KOKAO
(A,A,) (ktrcio mov opiletor amé ta onueia A, A, T' 1 alucde

nepryeypoEvo tov tprycrvon AAN) Karm AA glvon
d0TOUOG TNG, (POl Al = A2 M ZA = AT omdte ko
ZA=AT (1).

Opowa n AA givar d1yyotdpog Kot g BAE mov
elvan gyyeypoppévn otov kokAo (A, A, B), dpa

Al = Az N AE = AB omdte kot AE=BA ).
Eneon 1o ABAE egivar eyyeypoppévo og koxkro Ha givar EAT = BAT 3).
Eniong kot 1o AZA T glvan eyyeypoppévo og kK0KA0, omote BAZ = BAT 4).

Amd (3) xou (4) TpokvdTTEL OTL EAT =BAZ omd v omoia pe v Ponbeia tov (1) kat (2) TpokdmTel OTL

ta tpiyova BAZ kol 'AE givan ica.

B’ 1pOMOC (ue petayevéotepn Gewpia)

® YToV KUKAO (A, A, B) éxoupe: §9.7 Oswpnua |

BZ-BA=BA-BI' (1)

® YToV KUKAO (A, A, T) €xoupue: §9.7 Oswpnua |

I'E-TA=TA-TB (2)

® Ao to Bewpnuo E0WTEPLKN SLXOTOUOU 0TO Tplywvo ABI €XOULE:

BA AB
S =2 (3)
Al' AT

Atalpw kata pEAN tig (1) kat (2) kot exw:

BZ-BA_BA-B’f@BZ BA BA
TE-TA TA-PB TE T'A TA

Ztnv tedevtaia oxéon avtikadlotwvtag Baon tng (3) éxoupe:

BZ BX _ A;B/@BZ:I@BZ:FE

TE YA AT TE

6.5-6.7 Zuvleta Ouara.docx
AGavaaoiov Anuntpnc (Madnuatikdcg) asepfreedom@yahoo.gr peira.gr 6



mailto:asepfreedom@yahoo.gr

